Ojlerova prava i Ojlerov krug
Vrsta: Seminarski d Broj strana: 13 d Nivo: Matematicki fakultet, Beograd

Odavno su matematicari pretpostavili da se ortocentar, teZiste i centar opisanog kruga bilo kog trougla
nalaze na istoj pravoj, ali je to prvi dokazao L. Ojler EMBED Equation.3 ), Svajcarski matemati¢ar, EMBED
Equation.3 . godine.
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On je takode dokazao da trougao odreden podnozjima visina i trougao odreden sredistima ivica imaju
zajednicki opisani krug.
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Pored toga uvideo je da tom krugu pripadaju i srediSta duzi odredenih ortocentrom i temenima trougla. Da
pomenutih devet taCaka pripada jednom krugu, prvi su dokazali EMBED Equation.3 . godine francuski
geometricari Z. V. Ponsele EMBED Equation.3 i S. Z. Brijanson EMBED Equation.3 , ali je krug ipak dobio
naziv Ojlerov krug.
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OJLEROVA PRAVA

Teorema 1: Ortocentar EMBED Equation.3 , teziSte EMBED Equation.3 i centar opisanog kruga oko
trougla EMBED Equation.3 leZe na istoj pravo;.

Dokaz:

EMBED Equation.3 2 EMBED Equation.3 4 EMBED Equation.3 (uglovi sa paralelnim kracima)
EMBED Equation.3 £ EMBED Equation.3 4 EMBED Equation.3 (uglovi sa paralelnim kracima)
EMBED Equation.3

EMBED Equation.3 EMBED Equation.3 & EMBED Equation.3 EMBED Equation.3

EMBED Equation.3

EMBED Equation.3 ( EMBED Equation.3 je srednja linija trougla EMBED Equation.3)

EMBED Equation.3

EMBED Equation.3

Neka je EMBED Equation.3 . Tada je :

4 EMBED Equation.3 5 EMBED Equation.3 (uglovi sa paralelnim kracima)

4 EMBED Equation.3 2 EMBED Equation.3 (unakrsni uglovi)

EMBED Equation.3

EMBED Equation.3 EMBED Equation.3 & EMBED Equation.3 EMBED Equation.3

EMBED Equation.3

EMBED Equation.3

EMBED Equation.3

EMBED Equation.3

EMBED Equation.3

EMBED Equation.3 O

OJLEROV KRUG

Teorema 2: PodnoZja visina EMBED Equation.3 , srediSta stranica trougla EMBED Equation.3 EMBED
Equation.3 i sredine rastojanja od ortocentra do temena trougla EMBED Equation.3 EMBED Equation.3
pripadaju istom krugu.

Dokaz:

EMBED Equation.3 ( EMBED Equation.3 je srednja linija trougla EMBED Equation.3)

EMBED Equation.3 ( EMBED Equation.3 je srednja linija trougla EMBED Equation.3)

EMBED Equation.3 ( EMBED Equation.3 je srednja linija trougla EMBED Equation.3)

EMBED Equation.3

NT,-1/2 EMBED Equation.3 = EMBED Equation.3

NT,-1/2 EMBED Equation.3 = EMBED Equation.3
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